In this note, we obtain new some inequalities of Simpson's type based on convexity. Some applications for special means of real numbers are also given.
INTRODUCTION
The following Theorem describes the known [3] in the literature as Simpson's inequality. For recent refinements, counterparts, generalizations and new Simpson's type inequalities, see ([2] , [3] , [5] ).
In [3] , Dragomir et. al. proved the following some recent developments on Simpson's inequality for which the remainder is expressed in terms of lower derivatives than the fourth. (a, b) and f ∈ L [a, b] . Then the following inequality
Theorem 1.2. Suppose f : [a, b] → R is a differentiable mapping whose derivative is continuous on
holds, where f 1 = [a, b] . Then the following inequality holds,
where
obtained some inequalities for functions whose second derivatives absolute values are quasi-convex connecting with the Hermit-Hadamard inequality on the basis of the following Lemma.
In [4], Hussain et. al. prove some inequalities related to Hermite-Hadamard's inequality for s-convex functions by used the above lemma. 
The main aim of this paper is to establish new Simpson's type inequalities for the class of functions whose derivatives in absolute value at certain powers are convex functions.
MAIN RESULTS
In order to prove our main theorems, we need the following Lemma.
, where a, b ∈ I with a < b, then the following equality holds:
Integrating by parts twice, we can state:
and similarly,
Adding (8) and (9),
Using the change of the variable x = tb + (1 − t) a for t ∈ [0, 1] and multiplying the both sides by (b − a)
2 , we obtain (6) which completes the proof.
The next theorems give a new refinement of Simpson's inequality for twice differentiable functions:
, where a, b ∈ I with a < b. If |f | is convex on [a, b] , then the following inequality holds:
Proof. From Lemma 2.1 and by using the convexity of |f | , we get 1 6 f (a) + 4f
and
By simple computation, (1 − t) An immediate consequence of Theorem 2.2 is the following Corollary:
and |f | is convex on [a, b] , then the following inequality holds:
Remark 2.4. We note that the obtained midpoint inequality (10) is better than the inequality (1).
A similar result is embodied in the following theorem. Proof. Suppose that q ≥ 1. From Lemma 2.1, we have
Using the Hölder's inequality for functions
for the first integral and the functions
for the second integral, from the above relation we get the inequalities:
Since |f | q is convex, therefore we have
From (11) and (12), we have where we use the fact that
The proof is complete. .
